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In a recent paper [1], a shortage in our paper was pointed out. In Eq.(15), the definition of η should be changed to
η = min{p<r} ωpωr. If in Eq.(11) some ωi = 0, Eq.(15) can only give a trivial lower bound of τ((1⊗E)|ψ〉〈ψ|), namely
τ((1⊗ E)|ψ〉〈ψ|) ≥ 0 because η = 0 at this time. However, if all ωi > 0, Eq.(15) can give a non-zero lower bound.
We also note that Eqs.(14)-(16) in our paper are derived under the assumption that the input state |ψ〉 is expressed
in the Schmidt decomposition |ψ〉 = ∑i
√
ωi|ii〉. If we consider a general input state |ψ〉 =
∑
ij aij |ij〉, we do not
know whether they hold in general, because we do not know whether τ is local unitary invariant. However, Eq.(17)
does hold for a general input state because the tangle τ ′ is local unitary invariant. Moreover, if (1⊗ E)|φ+〉〈φ+| is a
pure state, our Eq.(15) can give a lower bound of concurrence itself for a general input state |ψ〉 = ∑ij aij |ij〉, namely
C((1⊗ E)|ψ〉〈ψ|) ≥ d2
√
2dη
d−1C((1⊗ E)|φ+〉〈φ+|)C(|ψ〉).
After this Erratum is published online, we find that some tighter bounds of τ , C and τ ′ can be derived from Eq.(13)
in our paper. First, we have
d2
4
ηminτ((1 ⊗ E)|φ+〉〈φ+|)C2(|ψ〉) ≤ τ((1 ⊗ E)|ψ〉〈ψ|) ≤ d
2
4
ηmaxτ((1 ⊗ E)|φ+〉〈φ+|)C2(|ψ〉),
where ηmax(min) = max(min)p<rωpωr/(
∑
i<j ωiωj) and |ψ〉 =
∑
i
√
ωi|ii〉. If (1 ⊗ E)|φ+〉〈φ+| is a pure state, we
immediately have
d
2
√
ηminC((1⊗ E)|φ+〉〈φ+|)C(|ψ〉) ≤ C((1⊗ E)|ψ〉〈ψ|) ≤ d
2
√
ηmaxC((1⊗ E)|φ+〉〈φ+|)C(|ψ〉),
where |ψ〉 = ∑ij aij |ij〉 is a general input state. If (1⊗E)|φ+〉〈φ+| is a mixed state, by the technique used in Eq.(17)
in our paper, we still have
C((1⊗ E)|ψ〉〈ψ|) ≤ d
2
√
ηmaxC((1⊗ E)|φ+〉〈φ+|)C(|ψ〉),
where |ψ〉 = ∑ij aij |ij〉 is a general input state. Of course for τ ′ we also have
τ ′((1⊗ E)|ψ〉〈ψ|) ≤ d
2
4
ηmaxτ
′((1⊗ E)|φ+〉〈φ+|)C2(|ψ〉),
where |ψ〉 = ∑ij aij |ij〉 is a general input state.
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